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cate a single policy alternative if the party is to succeed. The need for direction is the degree to which

P arty activists face a coordination problem: a critical mass—a barrier to coordination—must advo-

the merits of the alternatives respond to the underlying fundamentals of the party’s environment.
An individual’s ability to assess the fundamentals is his sense of direction. These three factors—the
barriers to coordination, the need for direction, and an individual’s sense of direction—combine to form
an index of both the desirability and the feasibility of leadership. We offer insights into Michels’ Iron
Law: a sovereign party conference gives way to leadership by an individual or oligarchy if and only if
the leadership index is sufficiently high. Leadership enhances the clarity of intraparty communication,
but weakens the response of policy choices to the party’s environment. Our model can also be applied to
the coordination problems faced by instrumental voters in plurality-rule elections, and so relates to the

psychological effect of Duverger’s Law.

hat is leadership? When is it desirable? And
then is it feasible? In defining leadership

some authors have highlighted its focal role
(Calvert 1995; Myerson 2004). More recently, Levi
(2006, 10) argued that leadership “provides the agency
that coordinates the efforts of others.” Following these
precedents, we develop a formal model in which the
direction provided by leadership can help to coordi-
nate the actions of a mass. We ask: is such direction
best provided by one, a few, or the many? These in-
stitutional forms correspond to de facto dictatorship,
oligarchy, and pure democracy. We explore the relative
desirability of these institutional forms and consider
their feasibility: when will members of a democratic
body voluntarily follow the lead taken by either an indi-
vidual or an elite subset of their membership? Michels
(1915) offered unequivocal answers. He argued that
leadership by an elite was both desirable and feasi-
ble because an organization can only coordinate effec-
tively when led by a small subset of its membership; the
mass voluntarily renounces its democratic rights. This
view was based on his study of the German Socialist
Party (a forerunner of the Social Democratic Party)
which, though nominally adhering to the principle of
conference sovereignty, allowed key decisions to be
taken in the closed surroundings of its fraktion meet-
ings. Michels observed that the conference generally
rallied behind the party leadership.!
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1 For an application of Michels’ work to British political parties see
McKenzie (1963), and for a critical review see Hands (1971). Michels
claimed that elites develop to pursue goals that betray the original
movement. Modern interpretations have highlighted the similari-
ties with the process of agency drift, suggesting that ex ante control
mechanisms can counteract this effect (Lupia and McCubbins 2000).

To provide our own answers to our questions, we
model a coordination problem faced by a mass of po-
litical actors. Our main focus is a world in which our
actors are the activist members of a political party. Each
activist must advocate one of two policies. A policy
succeeds if and only if a critical fraction of the party (a
barrier to coordination) supports it; an uncoordinated
party splits and fails. Party members would like the best
policy to succeed. A stylized interpretation of the mid-
1990s reform of the British Labour party helps to fix
ideas: one policy would be the adoption of Tony Blair’s
“New Labour” program, whereas the alternative would
be the retention of “old” Labour ideals. Whatever the
alternatives’ merits, a unified party could challenge for
power; a split would have relegated the party to the
wilderness.

Interestingly, our coordination problem also arises
in plurality-rule elections. Consider the well-known
1970 New York senatorial election (Table 1) in which
two liberals, Ottinger and Goodell, competed against
the conservative Buckley. The liberal vote split, and
so Buckley won. However, because the total liberal
vote exceeded Buckley’s tally, sufficient coordination
among liberal voters (a sufficient condition would be
if two thirds of them had backed the same candidate)
would have prevented the conservative win.

Given their common objective, it seems obvious that
all activists should advocate the best policy. (Or, for
the New York voting game, all liberals should vote
for the best liberal candidate.) This is difficult when
the identity of the best policy is uncertain. This is so
when the merits of policies depend on the political
world in which the party lives, because party members’
assessments of their world may differ. Leadership may
help; as Levi (2006) suggested, it “provides the learning
environment that enables individuals to transform or

Koelble (1996), for example, using the arguments from the literature
on Congress, suggested that “party activists prefer strict monitoring
of the actions of the representatives, mechanisms for screening and
selection which force the agent to report and act as delegate rather
than as a trustee for the party.” We do not address the agency issue,
focusing instead on the conditions under which a party conference
gives way to a leadership elite.
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. of a single citizen? Whence could it have proceeded, that

TABL_E 1. The 1970 New York Senatorial the Athenians, a people who would not suffer an army
Elec“f)n to be commanded by fewer than ten generals, and who
Candidate Votes Share required no other proof of danger to their liberties than

2,288,190 39%
1,434,472  24%
2,171,232  37%

5,893,894 100%

2,288,190 39%
3,605,704 61%

James R. Buckley
Charles E. Goodell
Richard L. Ottinger

Total
Conservatives (Buckley)
Liberals (Goodell + Ottinger)

revise beliefs.” Such an environment is useful when the
merits of policy alternatives react strongly to under-
lying fundamentals that are unknown; when this is so
there is a pressing need for direction.

It is instructive to consider first a world without a
leader; after all, leaderless institutions might also pro-
vide a learning environment. We imagine a conference
of party activists assessing policies. An activist attends
meetings, listens to opinions, engages in conversations,
and eavesdrops on others: he sees a private signal of
the party’s mood, which in turn reflects the underlying
merits of the competing policy platforms, and where
the signal’s precision is his sense direction. An advocacy
game is played in which each activist uses a threshold
rule: he backs a policy if and only if his signal sufficiently
favors it. If threshold rules are used, then differences in
signal realizations (activists hear different things) can
generate disagreement. Our formal analysis identifies
a unique stable equilibrium in which all party mem-
bers use the same threshold rule. Full coordination
is prevented by a negative-feedback effect, similar to
that seen in models of jury voting, which means that
a bias by others toward a particular policy pushes an
activist away from it. Interestingly, this effect can also
bias the party toward the policy with the higher barrier
to coordination.

So, does a leaderless party perform well? An advan-
tage of conference is that policy responds to the funda-
mentals by aggregating the opinions of party members.
A disadvantage is that the private nature of opinion
formation hinders the emergence of a common goal,
and so the party may fail to coordinate. If policies are
evenly matched, so that there is a mood of indifference,
then activists’ signals may well point in different direc-
tions. If activists respond by advocating different poli-
cies, then the party splits. This risk of mis-coordination
might generate what Michels (1915, 35-41) described
as a “need for leadership felt by the mass.” A leader
could perhaps dictate the policy choice and so avoid
miscoordination, although her decision, based on her
own signal, may not reflect the true best interests of the
party. This trade-off was recognized by Madison. His
reading of ancient history made it clear that, in crit-
ical circumstances, decision-making power was given
to individuals. In the 38th Federalist Paper (Hamilton,
Madison, and Jay 1788), he mused:

Whence could it have proceeded, that a people, jealous
as the Greeks were of their liberty, should so far abandon
the rules of caution as to place their destiny in the hands

828

the illustrious merit of a fellow citizen, should consider
one illustrious citizen as a more eligible depositary of the
fortunes than themselves and their posterity, than a se-
lect body of citizens, from whose common deliberations
more wisdom, as well as more safety, might have been
expected?

Madison’s insight was that “these questions cannot be
fully answered, without supposing that the fears of
discord and disunion ... exceeded the apprehension
of treachery or incapacity in a single individual.” In
our context, the “capacity of a single individual” is his
sense of direction, measured relative to the need for
direction, and the “fear of discord” stems from the
barriers to coordination faced by the party.

To assess further the desire for leadership, we ask:
if a leading activist could choose between (1) dictating
policy herself, and (2) allowing the policy to emerge
from a party conference, then what would she do?
Turning to the feasibility of leadership, we suppose
that a leader stands up and makes a speech that is
heard and commonly interpreted by all. Activists now
draw on both a private signal (from conference) and a
public signal (from the speech). When will they ignore
the former and act only on the latter?

Our answers incorporate the barriers to coordina-
tion faced by the policy alternatives, the need for policy
direction, and the sense of direction enjoyed by each
activist. Our analysis reveals that it is natural to com-
bine these three elements into a single index, labeled
R, of the desirability and feasibility of leadership:

R— Barriers to Coordination x Sense of Direction
h Need for Direction '

We offer a brief preview of our results here. We find
that a leader would ideally wish to bias the threshold
rule used by others toward her own opinion; the size
of this bias increases with R. Furthermore, the leader
always prefers to dictate policy if and only if R > 1. This
inequality also determines the feasibility of leadership:
if the leader gives a public speech then party mem-
bers discard their private views and rely entirely on
the public recommendation of the leader if and only
if R>1. When R <1, then only “extremist” activists,
with signals that point decisively toward one of the
policies, retain a desire to dictate; the “moderates” with
equivocal assessments would rather refrain from such
decisive leadership.

Extending our model, we also offer an analysis of
oligarchy; this leads us to refer to the leadership in-
dex R as Michels’ Ratio. We explore whether the party
may prefer leadership by an elite subset of its mem-
bership. Specifically, we suppose that a k-strong elite
can share their assessments of the fundamentals and
so reach a common view, and that a representative is
able to communicate perfectly this view. The criterion
for leadership by the elite is kR > 1, and so 1/R is the
minimum size of a Michelsian oligarchy.
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RELATED LITERATURE

Before proceeding to construct the formal model of
activism and leadership that underpins our arguments,
we first review a selection of three themes from the
literature on which we build.

Party activists play a “global game” in the sense of
Morris and Shin (2003); a game “of incomplete infor-
mation whose type space is determined by the players
each observing a noisy signal of the underlying state.”
In our model, the “noisy signal” includes information
gleaned from a party conference (a private signal) or
from a leader’s speech (a public signal).> Economists
have used global games to model many phenomena,
including currency crises (Morris and Shin 1998), bank
runs (Goldstein and Pauzner 2005), and debt pricing
(Morris and Shin 2004). However, the approach has
seen little use in political science. Some of the papers
in this literature are concerned with the welfare effects
of public-information dissemination in the context of
coordination games. In our world, the emergence of a
leader corresponds to the introduction of public infor-
mation. For this reason, our paper relates to the work
of Morris and Shin (2002) and subsequent debates
(Angeletos and Pavan 2004; Morris, Shin, and Tong
2006; Sevensson 2006).

Our work also builds upon Myatt’s (2007) analysis
of strategic voting in plurality-rule elections. His stable
voting equilibrium with multicandidate support con-
trasts with the “Duvergerian” equilibria of previous
studies (Cox 1994, 1997; Myerson and Weber 1993;
Palfrey 1989). Unlike those earlier models voters do
not enjoy perfect knowledge of the electoral situation
and instead base their decisions on private signals.
Because signals may point in different directions all
candidates receive votes in equilibrium; supporters of
two candidates who share a dislike of a third candidate
fail to coordinate fully. We comment further on the
relationship of our work with strategic-voting problems
in the penultimate section of the paper.

Finally, some of our insights stem from the literature
on information aggregation. The negative-feedback ef-
fect that features in some of our analysis was also cen-
tral to the work of Feddersen (1992) and Feddersen
and Pesendorfer (1997, 1998). For example, Feddersen
and Pesendorfer (1998) showed that the unanimity of
jury verdicts can increase the likelihood of a conviction
irrespective of the true state of the world: when a juror
is pivotal in securing a conviction under unanimity, he
will put less emphasis on his own private information
than on what must be true, given that others are making
informed decisions.

COORDINATING ACTIVISM

The setting for our analysis is a simultaneous-move,
binary-action, common-interest game in which party

2 This definition of a global game (which, taken literally, defines only
a game of incomplete information) differs from the original use of
the term: Carlsson and van Damme (1993) considered a specification
in which each strategy is strictly dominant in a particular region of
the state space.

activists must decide which of two policy platforms to
advocate. Because the players share common payoffs,
the game lacks the tension between private and social
interests that is central to the view of collective action
popularized by Olson (1965). Nevertheless, the actors
face a collective-action problem in a different sense: a
critical mass must coordinate behind one of the policies
if that platform is to be adopted successfully. Failure
to coordinate results in a party split and subsequent
electoral failure.

Formally, n party activists simultaneously decide to
support either platform A or platform B. We imagine
n to be large, so that the player set is either the entire
party membership or a large and representative subset
of them. We write x for the number of activists who
advocate platform A, so that the other n — x activists
back B. There are three possible outcomes: (1) policy
A succeeds; (2) policy B succeeds; or (3) the party is
split and fails to move forward. For two fractions p 4
and pp satisfying 1 > p4 >pp >0,

Platform A if 7 > pa,

ifpy >

lpr >

Failure
Platform B

Outcome = > pp,and

I= 3=

Thus p 4 is the coordination required for the success
of A, and 1 — pp is the coordination required for B.
We think of situations in which a 50:50 party split
leads to failure; this corresponds top 4 > % > pp.> Our
stylized description of mid-1990s British Labour Party
reform illustrates: platform A is the “New Labour”
agenda, and B represents “old” Labour. Given that Bis
some kind of status quo, we might specifyps4 > 1 — pp;
contentious aspects of the new agenda require greater
unity. If frustration with old failings means that greater
consensus is needed to retain existing policies then we
mightsetps <1 —pp.

As noted in our introduction, we can envisage a sec-
ondary interpretation of the model developed here. For
the 1970 New York senatorial election (Table 1) the
parameter n = 3,605,704 is the number of liberal vot-
ers. To defeat the conservative, a critical super-majority
exceeding 2,288,190 needed to coordinate behind ei-
ther Goodell or Ottinger. Dividing by # then yields the
specification ps =1 — pp ~ 63.5%.

We turn to payoffs. A failure to coordinate is un-
desirable, and so generates a zero payoff to everyone,
whereas successful coordination yields a strictly posi-
tive payoff.* For some uy > 0 and up > 0,

Uua ifﬁ >pa,
Common Payoff = {0 ifpy >
up ifpp >

> pp, and

S= =

3 Our formal results continue to hold when either 1>p4>pp>
1 or%>p,4 >pp>0.

Each activist must choose to back one of the policies; indifferent
abstention is disallowed. However, given that mis-coordination is
possible and everyone strictly dislikes failure, abstention from par-
ticipation is a (weakly) dominated strategy. This contrasts with the
work of Feddersen and Pesendorfer (1996). They studied a world in
which either A or B always wins, and they found a strict incentive for
abstention.
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FIGURE 1. Coordinating Activism
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Note: Panel (a) illustrates the relationship between the underlying political situation and the payoffs from successful coordination. For
the particular value of = 1 highlighted, we see that Zgggg = 2, and so (if only they knew the true underlying state of the world) activists
would wish to coordinate on platform A. Panel (b) illustrates the barriers to coordination faced by activists. In this case, p4 > 1 — pp;
hence policy platform A might be described as a “loftier” goal. When the proportion of activists supporting A falls into the central region,
the party splits and fails.

All party members would like to coordinate on the
best policy. When information is complete there are
equilibria with full coordination, so that either x =0
or x = n. There are many other pure-strategy equilibria
in which the party either partially coordinates or splits
and fails.’> Despite this multiplicity, one equilibrium
seems focal: if uy > up, then surely everyone should
coordinate on policy A? Alas, this obvious solution as-
sumes that everyone shares a common understanding
of the policies’ merits.

We build aricher game where the desirabilities of the
policies are uncertain. Formally, the payoffs u4(6) and
up(0) depend on an underlying (and ex ante uncertain)
real-valued state variable 6. We assume that u4(6) is
increasing, and ug(0) is decreasing; an increase in 6 fa-
vors A relative to B. The state variable 6 represents the
underlying political situation. It might depend on so-
cioeconomic variables, the preferences of an electorate,
or the ideology of the party membership at large. We
use a “need for direction” parameter A > 0 to index the
the extent to which payoffs respond to these fundamen-

5 Any pattern of support where no individual is pivotal is an equi-
librium. The two pure-strategy profiles which are not equilibria
correspond to values of x satisfying either (i) *+L > p,4 > 3 or
(i) 2 =pp>*; L. For instance, in the first situation a player who
chooses B could switch to A, avoiding a failure and hence yielding
a payoff gain of u4. Such pivotal situations are exceptional, because
other values of x (where no individual can affect the outcome) yield
a pure-strategy Nash equilibrium. We could, of course, characterize
mixed-strategy equilibria but this would only expand the embarrass-
ment of riches.
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tals, and adopt the functional forms u4(6) = exp[’\z—"]

and up() = exp[—24]. Thus an activist’s preference for
policy A relative to policy B is a log-linear function of
the fundamental underlying state-of-the-world 6:

u
log [—A} = A x 6 where A= need for direction.
ug

Figure 1(a) illustrates our specification. When 6 is zero
an activist is indifferent between the two policies. As
0 swings to the right then the payoff from platform A
relative to platform B grows.

Since 6 is unknown, activists must use any informa-
tive signals at their disposal to form beliefs about it.
Choices relying on such signals depend on the realiza-
tion of #. An activist must contemplate the underly-
ing fundamentals for two reasons: firstly, he assesses
the merits of the policies; and, secondly, he considers
the likelihood of pivotal events in which his advocacy
makes a difference. We will specify the signals via which
activists form their assessments, but before doing so we
pause to discuss optimal behavior.

An activist’s choice is relevant only when he is piv-
otal. For instance, he is pivotal for policy A when sup-
port for A is one step short of p 4. P4 is shorthand for
this event. Similarly, Pp is the situation in which the
activist is pivotal for policy B. If choices respond to
signal realizations, then these two pivotal events have
positive probability. If an activist is pivotal for A, his
support for A yields a payoff of u4(6). Since 6 is un-
certain his expected payoff is E[u(6) | P4]; the merits
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of policy A are conditional on the pivotal event Pjy.
This event happens with probability Pr[P4], and so the
net payoff from backing A is Pr[P4] x E[ua(0) | Pal.
Similarly, the net payoff from backing B is Pr[Pg] x
E[ug(0) | Pg]. It is strictly optimal to support A, if
and only if Pr[P4]E[ua(0) | Pa] > Pr[Ps|E[uz(6) | Ps],
or equivalently

PI‘[PA]

Ch A 1
00S€ A <= og PI‘[PB]
e e’

(i) relative likelihood
E 0
o ELA®) 1 Pa)
E[up(0) | Ps]
[ —

(ii) relative conditional preference

(*)

Hence the activist optimally balances (i) the relative
likelihood of his pivotality for A versus B; and (ii) his
relative preference evaluated conditional on his piv-
otality in each of the two cases.

THE PARTY CONFERENCE

Here we study behavior in a leaderless world. A “party
conference” is a metaphor for intraparty discussion of
the underlying political situation. We think of a gath-
ering where each activist gains (via meetings, conver-
sations, and eavesdropping) an informative but private
signal of the true state of the world. If such a conference
is representative of the wider party membership, then
signals are correct on average—they correspond to the
true value of 6. Although the aggregate conference
mood perfectly reflects 6, different activists form dif-
ferent assessments: an activist who attends fringe meet-
ings may get a different sense of the party mood than
one who spends his time in the conference bar. This
is important because, as an activist wanders around
conference, he wonders whether others share his sense
of the direction in which the party is going.®

We think of conference as providing a learning envi-
ronment. Of course, the party might instigate a formal
mechanism to aggregate opinions; for instance, a sim-
ple vote among the party caucus. Alas such a mecha-
nism does not provide a resolution to the coordination
problem. For example, a 50:50 split in the vote share
would publicly reveal any underlying division; the party
would be seen to be split and to have failed in its quest
to coordinate. Essentially, then, voting and advocacy
are equivalent. To circumvent this problem, we might
think of activists submitting their opinions in private to
a mediator. We return to this issue in the penultimate
section of the paper, but for now focus attention on our
policy-advocacy game.

Activists begin with no knowledge of the best policy
to pursue; formally they entertain uniform (improper)
priors over 6. Each activist i € {1, 2, ..., n} then sees
a private signal, where conditional on the party mood

6 Our results extend to a setting in which the aggregate mood of
the party conference imperfectly reflects the wider political situation
and so fails to capture fully the merits of the policy alternatives.

(henceforth we sometimes refer to 6 thus) signals are
identically and independently distributed:’

1
m; |0 ~N (9, E) where = sense of direction.

Here v, the inverse of the variance, is the signal’s preci-
sion; it represents the “sense of direction” of an activist.
Conditional on his signal, his updated beliefs satisfy

We consider a natural class of strategies: an activist
operates a threshold rule if he backs A rather than B if
and only if his assessment of the party mood exceeds
some threshold m.

Definition. Activists employ a threshold rule if, for
some m, each activist chooses to advocate policy A if
and only if »;; > m. When m takes on a finite real value,
a threshold rule is signal responsive.

Allowing the threshold to take values m € {—o0, oo},
the class of threshold rules includes those where an
activist ignores his private signal and always advocates
A (corresponding to m = —o0) or always advocates B
(for m = 00). However, for any finite threshold, ac-
tions respond to signals in a nontrivial way. Conditional
on the state of the world 6, an activist backs A with
probability p = Pr[m; > m|6]. Writing ®(-) for the cu-
mulative distribution function of the standard normal,
p = ®[/¥(6 — m)]. Clearly, support for A grows as the
party’s mood swings to the right (@ increases). It is
also decreasing in the threshold used by activists: a
reduction in m yields a move toward A and away from
platform B.

Whereas we call p the “support” for platform A,
the actual fraction of activists who advocate A is 7.
However, if n is large then the Law of Large Numbers
ensures that this fraction is almost always close to p.
Given that this is so, policy A succeeds if and only if p >
p 4- Equivalently, it succeeds if and only if the true party
mood exceeds 64, where 04 satisfies p4 = ®[ /(04 —
m)]; similarly, B succeeds if and only if 6 <6 where

pe = ®[V¥ (0 — m)]. Summarizing,

Platform A if 0 > 0,,
Outcome = { Failure if 04 > 6 > 0p,
Platform B if 95 > 0,
04 =m-+ %, and
where

7B

6‘B=m—\/—$,

where we have used the substitution 74 = ®~(p4) and
7p = ®1(1 — pp). The parameters 74 and 73 measure
the height of the barriers to coordination faced by the
party. The two critical values, 64 and 05, partition the
range of party moods into three segments according to
the outcome.

We make two observations. First, when activists use
a threshold m they react to their assessments and so

7 Our results extend easily to environments in which the activists’
signals are conditionally correlated.
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policy responds to the fundamentals. Second, such
strategies bring the risk of mis-coordination: when
04 > 6 > 0 the party’s mood (relative to the threshold
m) is one of indifference and the party fails. The size
of this “zone of mis-coordination” is determined by
(ma + mp)/+/¥ and so is increasing with the combined
height of the barriers to coordination but is decreasing
in activists’ sense of direction.

We now return to consider an individual’s decision.
He uses his signal to assess the underlying party mood
and hence (1) the relative likelihood of his pivotality
for A versus B, and (2) his relative preference for A
versus B. We study each factor in turn, before charac-
terizing behavior in equilibrium.

When the party conference is large, and others adopt
a threshold m, the support p is determined by 6. An
activist realizes he is pivotal for A only when 6 ~ 64,
and for B only when 6 ~ 6g. Thus, conditional on his
private signal my;, activist i computes the relative likeli-
hood of 84 versus 0. His posterior beliefs are normally
distributed around m; with precision ¥ and so, as the
following lemma confirms, the log relative likelihood
takes a simple form. (All proofs are contained in the
technical appendix.)

Lemma 1. Fixing a threshold m used by other mem-
bers of the party, and conditional on the private signal
m; of activisti, the log relative likelihood of being pivotal
for A versus B satisfies

Pr[P4]
8 Pr{Ps]

This is increasing in the activist’s private assessment of
the true relative merits of the policies, and decreasing
in the threshold used by others. The relative-likelihood
effect increases with the barriers to coordination wg +
g and an activist’s sense of direction v, but is unaffected
by the need for direction .

—> (4 + 7)Y x (mj —m) as n — oo.

When thinking of pivotal events, an activist judges
the party’s mood relative to the threshold used by
others. As he perceives a swing to the right (arise in 6) it
is more likely that, if he is pivotal, he will be pivotal for
A. The effect depends not only on his sense of direction,
but also on the height of the barriers to coordination;
as w4 and 7 grow the zone of mis-coordination widens
(Figure 2). The two critical values 64 and 63 move fur-
ther apart and so are easier to distinguish. This being
so, an activist can more readily ascertain which of the
two critical events (whether the is pivotal for A or for
B) is more likely.?

Lemma 1 also reveals a positive-feedback effect. As
others bias toward A (a fall in m) the log-likelihood
ratio grows, pushing activist i toward the advocacy of A.
So, if an activist believes that others lean toward a
policy, then he is tempted to follow them. This is not the

8 The need for direction does not enter Lemma 1. This is because
the activist considers only the likelihood of P4 and Pg; the need for
direction comes into play only when an activist considers the policies’
merits.
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whole story, however, because we must also consider
the activist’s relative preference for A versus B. When
contemplating the policies’ merits, an activist considers
his strategic environment and recognizes that his payoff
only matters when his action is critical to a policy’s
success. When the party is large he is pivotal for A
only when 6 ~ 64, and hence E[ux(0) | Pa] —> u(64)
as n — oo. Similar considerations for the payoff from
policy B lead to the following lemma.

Lemma 2. Fixing a threshold m, the log relative con-
ditional preference for A over B satisfies

w—) m M as n — oo
E[us(8) | Ps] A[ PN } '

This relative preference for A increases with the bias of
others toward B and with the relative height w4 — g of
the barriers to coordination. The size of the second effect
decreases with an activist’s sense of direction v, and the
size of both effects increases with the overall need for
direction .

Lemma 2 reveals a negative-feedback effect: as oth-
ers lean toward A (a fall in the threshold m) then the
relative preference for A falls, which (cf. Lemma 1)
pushes an activist toward B. Similarly, when A is easy to
achieve, in the sense of a lower barrier to coordination,
an activist swings against it and toward B.

Why does an activist swing toward B in a situation
where the odds are stacked against it? He asks himself
what must be true of the world given the situation he
finds himself in (namely, that he is pivotal) and so the
realization of his own signal does not matter. When he
is pivotal for B so that B is on the verge of success then,
because other factors work against B, the party mood
must heavily favor it and so policy B must be extremely
desirable. The implications of such considerations de-
pend on the strength of the connection between the
policies’ payoffs and the underlying state of the world;
this is simply the need for direction A.

Lemmas 1 and 2 characterize the effect of a threshold
strategy deployed by the party membership on the in-
centives of an individual. We now seek equilibria within
the class of threshold strategies.

In general, (Bayesian Nash) equilibria depend on the
precise size n of the party’s membership. Our aim, how-
ever, is to characterize equilibria in large parties. Put
somewhat informally, we seek an equilibrium thresh-
old advocacy strategy that “works for large n.” One
obvious approach would be to find equilibria (if they
exist) for each n and examine the properties of the
associated sequence of equilibria (assuming that the
sequence converges) as n — 0o. Here, however, we fol-
low previous work (Myatt 2007) by defining a simpler
and arguably natural solution concept directly over a
sequence of policy-advocacy games.

Definition. A threshold equilibrium is a threshold
rule with threshold m* such that when all other party
members use it: (1) an activist m; > m* optimally backs
policy A when the party size is sufficiently large; and (2)
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FIGURE 2. Critical Values of the State of the World
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When 6 = m, the party is 50:50 split between the platforms. For A to succeed, the party mood needs to swing right to 6 > 64, and for B
to succeed the mood must swing left to 6 < 65. The mood is indecisive when 64 < 6 < 6g. Observe that

0a — 0 =

and so the “zone of mis-coordination” for an indecisive party mood increases with the barriers to coordination but decreases with

TA+ 7B

N

an activist m; <m* optimally backs policy B when the
party size is sufficiently large.

Heuristically, this defines an “s-equilibrium” for
large parties and arbitrarily small e. Hence, an equilib-
rium threshold rule leads to the play of a best reply by
(almost) all activists in parties that are sufficiently large.
In one sense, this is less stringent than the Bayesian-
Nash solution concept: there may be some activists
(with signals very close to m*) who do not play a best
reply for a particular finite #. In a second sense, our
concept is more stringent: whereas a Bayesian-Nash
equilibrium would involve the play of a best reply by
almost all activists for a particular finite n, it would not
necessarily be robust to increases in n.?

9 Myatt (2007) offered further discussion of our solution concept.
Roughly speaking, if a sequence of threshold-based Bayesian-Nash
equilibria converges, then the limiting threshold yield a threshold
equilibrium in the sense used in this paper. If it does not converge,
then it must mean that the Bayesian-Nash equilibria depend sensi-

Adopting our solution concept, two equilibria, m* =
oo and m* = —oo, involve full coordination: the pivotal
events P4 and Pp do not occur, and actions are (triv-
ially) optimal. In contrast, when an equilibrium thresh-
old m* takes a finite value, decisions respond to signal
realizations. For a signal-responsive equilibrium, the
outcome is uncertain and the events P4 and Pg occur
with positive probability. A threshold m* forms a signal-
responsive equilibrium when an activist with a signal
m; = m* is essentially indifferent between the alterna-
tives for large n. Assembling the relative-likelihood
and relative-preference effects,

Pr[P4]
[log Pr[Ps]

E[u4(0) | Pal ] _0
E[ug(0) | P5]

lim
n— o0

m=m" =

+ log

tively on the precise size n of the party’s membership. In this latter
situation, a desire for robustness suggests the use of the solution
concept used here.
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Inspecting Lemma 1, when m; = m* the relative-
likelihood effect disappears. Given that a private signal
is equal to the threshold used by others, P4 and Pp are
equally likely in an arbitrarily large party: formally,
log[Pr[P4]/ Pr[Pg]] — 0 as n — oo. This means that
the equilibrium threshold m* is tied down by the rela-
tive preference term from Lemma 2, which must equal
zero. This term is increasing in the difference between
the barriers to coordination w4 and 7mp, so that there
is a preference bias toward policy A whenever A is
more difficult to achieve (i.e., 74 > 7). The equilib-
rium threshold m* must, therefore, offset this effect.
Setting the relative preference to zero, and solving for
m* we obtain the next result.

Proposition 1. There is a unique signal-responsive
threshold equilibrium, with threshold

.  TB—TA

- 577

There is a bias toward policy A if and only if its barrier
to coordination is higher than that of policy B. The size
of the bias decreases with the sense of direction , and
is invariant to the need for direction ).

The signal-responsive equilibrium (where activists
pay attention to their signals) seems, at face-value,
more plausible than its contenders. Nevertheless it has
surprising properties. Whilst one might think an exoge-
nous increase in w4 makes a success for policy A less
likely, in equilibrium activists are biased in their advo-
cacy toward a policy that is more difficult to achieve:
there is an endogenous reaction to any increase in 4.
The effect we are pointing to has been seen elsewhere:
the negative feedback that drives this result is present
in work by Feddersen and Pesendorfer (1996, 1997,
1998). Furthermore, the effect arguably accords with
a stylized fact related to our motivating example of
the British Labour Party: during periods when its con-
ference has asserted its sovereignty (during the 1980s
in particular), the party swung to the left and toward
policies less favored by the majority of voters. The full
effect of the reaction to changes in the barriers to co-
ordination can be seen by substituting for m* in our
expressions for 64 and 0p:

_mat7p A+ 7B
2V 20

The zone of mis-coordination is a symmetric interval
around zero. If 74 > 7p, for instance, then the endoge-
nous equilibrium bias toward A precisely offsets the ex-
ogenous bias toward B. Turning attention back to Fig-
ure 2, the political outcome (A, B, or failure) depends
only on the location of the zone of mis-coordination
which, in turn, depends only on the aggregate height
of the barriers to coordination. If we were to raise the
barrier faced by one policy, while lowering the other,
then this zone would not move. The important point
to be made is that a key feature of the institutional
backdrop, namely, that some policies require greater
consensus, does not influence the policy adopted by
conference.

64 and 0O = —
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We note two further features. First, a signal-
responsive threshold ensures that policy choices react
to the party mood (which in turn reflects the underlying
fundamentals) and so favors the use of a conference as
an institutional mechanism for aggregating opinions.
Second, there is a risk of mis-coordination: the party
fails when 84 > 6 > 6p. Note, however, that the relative
importance of these effects depends on the need for
direction and yet, despite this, A plays no role in the
equilibrium threshold strategy.

Before assessing the performance of the conference
we highlight the feedback effects that are central to
the incentives of activists and justify our focus on
the signal-responsive equilibrium described in Propo-
sition 1. An activist’s advocacy will depend on the
threshold rule used by others. As m increases, both
his relative likelihood of influencing the party’s chosen
policy and his relative preference for the policies are
affected. Inspecting Lemma 1, notice that as mrises (so
that others bias toward B), the relative likelihood falls
at rate (w4 + mp) X 4/, so that he too is led toward
policy B; this is positive feedback. On the other hand,
Lemma 2 reveals that, as others bias toward A, his
relative preference for A versus B rises at a rate A; this
is negative feedback. Combining these two effects, we
see that positive feedback exceeds negative feedback if
and only if (w4 + ) X /& > A. When this holds, the
net effect of a bias among other members is to push an
activist in the same direction. We write this criterion in
a modified form.

Definition. We define R to be a single index combining
the aggregate height w4 + np of the barriers to coordi-
nation, the need for direction A, and an activist’s sense
of direction . It satisfies

(ma + 7B) X V&
R

R

Positive feedback exceeds negative feedback if and only
if R> 1. We use “Michels’ Ratio” to refer to R.

As we shall see, the index R is fundamental to both
the feasibility and the desirability of leadership. When
R > 1,itseems that a “bandwagon” might form behind
a policy. To explore this hypothesis, consider a situa-
tion where 74 = g, so that m* = 0. Now suppose that
party members switch to use a lower threshold strategy
m <0, so that they are biased toward A. When R > 1,
this increases the incentive for an activist to back A;in
particular, an activist who observes a message n; = 0
will certainly advocate policy A.

Although this may suggest that a bandwagon begins
to roll in favor of A, this is not quite so. To see why,
consider an activist who observes a message m; = m.
For such a party member, the relative likelihood term
disappears and thus the only factor he will consider is
his relative preference term. Of course, negative feed-
back is integral to this term and ensures that he now
faces a strict incentive to back B. The attempt to induce
a bandwagon effect in favor of policy A fails, because
an activist with a signal equal to this new threshold will
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strictly wish to back B. This discussion leads to a formal
definition of stability.

Definition. A threshold equilibrium m* is stable if: (1)
for larger thresholds m > m* an activist with a private
signal m; = m would strictly prefer to back policy A;
and (2) for smaller thresholds m <m* an activist with
a private signal m; = m would strictly prefer to back
policy B.

This definition allows us to assess formally the sta-
bility of the different equilibria.

Proposition 2. In a conference environment, the
signal-responsive equilibrium (Proposition 1) is stable.
The fully coordinated equilibria in which activists ignore
their signals are unstable.

This provides one justification (there are others) for
a focus on signal-responsive equilibria in a confer-
ence environment.'” The important observation is that
the relative-likelihood term depends on the difference
m; —m between that threshold and the message re-
ceived by an activist, and so the positive-feedback ef-
fect is eliminated when we consider an activist whose
signal is equal to the threshold used by others. Hence,
in equilibrium, negative feedback dominates. Inter-
estingly, the positive-feedback term returns to play
a significant role once we introduce the possibility
(later in the paper) of a publicly observed leader’s
speech.

THE NEED FOR LEADERSHIP

Michels (1915, 35-41) suggested that the transition
from democracy to oligarchy is driven by a “need
for leadership felt by the mass.” We analyze this
need by assessing the desire of an individual to aban-
don conference and dictate the party’s policy. We do
this via a thought experiment that eventually yields
Proposition 3 below. We ask activist / (we call her a
leader) to choose the threshold used by others. She has
three options: (1) m = —oo, so that everyone backs A;
(2) m = o0, so that everyone backs B; or (3) some inte-
rior threshold. Options (1) or (2) reflect a desire to dic-
tate. Option (3) exploits the information-aggregation
properties of a conference but risks a coordination fail-
ure; it reflects a desire to shape policy, but not to dictate
it. Conducting our experiment, we write U(m, my) for
the expected payoff enjoyed by leading activist / in a
large party (n — oo) when she sees a signal my; and
others use a threshold m. Hence,

U(m, my) = Pr[6 > 04] x E[ua(0) |6 > 64]
+PI‘[9 < 93] X E[MB(Q) |6 < 93],

where the probabilities and expectations are condi-
tional on m;. Consider a small change in the threshold.

10" Another justification is that the responsive equilibrium is optimal
ex ante. Prior to the revelation of their private signals activists would
all wish to commit to the play of the signal-responsive equilibrium.

A fall in m shifts the zone of mis-coordination to the
left, moving the party toward A. Formally,

U Pr[Pa] E[14(0) | Pa]
— <0< 0g ———— 0g —F
om Pr[Pg] E[us(0) | P5]
——— —_—
(i) relative likelihood (i) relative conditional preference
wy — 4
+ % >0, (1)
———

(iii) feasibility effect

where (i) and (ii) are evaluated at their limiting val-
ues as n — oo. These first two terms are identical to
those that influence advocacy decisions. This is be-
cause the change in m has an effect only when activists
are pivotal (6 = 64 or 6 =~ ). An increase in the rel-
ative likelihood of P4 versus Pp generates a desire to
reduce m, thus increasing the likelihood of success for
A. The relative preference for A is greater when there
is a bias toward B: in selecting a threshold to be used
by others negative feedback remains.

The third term on the right-hand side of () is absent
from the advocacy criterion of (x). It measures the dif-
ference in the heights of the barriers to coordination.
Other activists (if left to their own devices) favor the
ambitious policy objective. Other things equal, activist
[ wishes to offset this bias; if wg > 74 then the leader
would prefer to lower the threshold m. To see why, note
that the number of activists who switch sides following
a change in m depends on the party’s underlying mood.
Those who switch have signals close to m. If |m — 6| is
large then there are relatively few “marginal” activists
since they are far from the median signal of 6; Figure 3
illustrates this. From the definitions of 84 and 6z we
obtain |m — 64| = % and |m — 0| = 5—% Suppose that
w4 < mp, so that the barrier to coordination on policy
A is lower. When 6 = 0,4, there are relatively many
marginal activists, whereas when 6 = 6p there are rela-
tively few. Because more activists switch in the former
case the pivotal event P4 becomes more important
than the event Pg. This provides an enhanced incentive
to push the threshold m down and bias party members
toward A.

In sum, delegating the choice of threshold to a lead-
ing activist, she will (other things equal) bias its level
toward the policy that is “more feasible” in that it faces
alower barrier to coordination; her intervention acts as
a counterweight to the endogenous bias toward an am-
bitious goal. However, given the presence of the term
(i) in the criterion (7), she also moves the threshold in
the direction of her own private signal. For instance, if
m; > 0, then she wishes to depress the threshold. If so,
then how low will she go?

To answer, suppose that the criterion (f) holds. A
reduction in m feeds back into terms (i) and (ii): the
relative likelihood of P4 versus Pp increases due to pos-
itive feedback, whereas the relative conditional prefer-
ences falls due to the negative feedback. (The feasibil-
ity effect (iii) is unaffected.) When R > 1, the positive
effect on (i) is greater than the negative effect on (ii);
because positive feedback exceeds negative feedback
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FIGURE 3. Explaining the Feasibility Effect
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effective when the barrier to coordination for policy A is high.

Note: This figure illustrates the effect of a reduction in the threshold m when the underlying state of the world 6 hits the critical value 64.
The solid line represents the distribution of private signals across the party membership. A reduction in the threshold from mto m— ¢
increases the mass of activists who back A. This increase is represented by the shaded area. As 4 and m move further apart, the
effect of the ¢ fall in the threshold is weakened. The distance between mand 6,4 is 74/./4, and so a reduction in the threshold is less

the criterion remains positive and thus the leader faces
a further incentive to lower m. Iterating this logic, she
wishes to lower m all the way to m = —oo. Similarly,
if she wishes to raise m then she wishes to raise it all
the way to m = +oo0. When R > 1, U(m, my) is a quasi-
convex or “U-shaped” function of m, and so the leader
would prefer to choose one of the two extreme values
for the threshold. She prefers to dictate the policy and
sees no role for a democratic party conference.

If R <1, so that negative feedback exceeds positive
feedback, then a reduction in m will lower the cri-
terion of (1). In fact, U(m, my) is a quasi-concave or
“hill-shaped” function of m. Thus, when R <1, there
is a unique interior threshold m' that maximizes the
leader’s payoff. In essence, she would prefer a situation
where, although she chooses the threshold, conference
remains sovereign in that it determines the overall pol-
icy outcome. We summarize our thought experiment in
the next proposition.

Proposition 3. If R > 1then aleader prefers to dictate
the party’s policy rather than allow a conference thresh-
old strategy to operate. If R <1, then she prefers others
to use a threshold

mT—m*——R m
N 1-R"

where m* is the equilibrium threshold from Proposi-
tion 1. This new threshold m' is decreasing in her own
private signal, and so, relative to the equilibrium thresh-
old, the leader prefers others to operate a threshold that is
biased toward her own private opinion of the underlying
fundamentals.
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The “Michels’ Ratio” index R brings together three
factors driving a desire to lead. This desire arises when
there are high barriers to coordination, since the zone
of mis-coordination (Figure 2) is wide: ensuring that
activists work together is more important than choos-
ing the correct policy. In addition, a willingness to take
up the reins of leadership is affected by an activist’s
sense of direction: when v is large, she has confidence
in her signal and in her ability to lead the party in
the right direction; if ¢ is low, it is more prudent to
exploit the information-aggregation properties of the
advocacy game, although the desire to guide confer-
ence remains. Finally, when ultimate power resides with
conference, policy is more likely to be in tune with
the true state of the world. This is desirable when 2 is
large: when there is a greater need for policy direction,
leaving control with the conference reduces the risk
that a leader chooses to implement an inferior policy;
when A is small such risks are less salient and she retains
a desire to dictate.

In our thought experiment, we asked what threshold
a leading activist would choose if she could ensure oth-
ers use it. Of course, other activists use the equilibrium
threshold m* rather than her preferred threshold m';
these thresholds coincide if and only if the leader’s
signal is neutral. When not, the leader may prefer to
dictate even though R < 1. So, R > 1 is sufficient but not
necessary to generate a desire to lead.

When R < 1, some are content with conference, but
others, given the opportunity, would like to lead. A
leader with a signal my; =0 lacks a clear signal of
the best policy direction, and so is content with the
information-aggregation properties of a conference;
formally m' = m* in this case. She is a moderate with
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an equivocal assessment of the policies. In contrast, a
leading activist with a very high or very low private
signal is an extremist who is confident in her assess-
ment and so feels that she is well suited to dictating
party policy. This suggests a taxonomy where only the
moderates favor the party conference.

Proposition 4. If R <1 then a leading activist is con-
tent with the conference equilibrium if and only if
|my| <, for some > 0. Otherwise, if |my| > i, she
would prefer to dictate by choosing the policy herself.
m rises with the need for direction A, but falls with the
aggregate height w4 + g of the barriers to coordination
and the sense of direction . Changing these parameters,
m— O0as R — 1

Although it might seem obvious that an extremist
prefers to dictate, the issue is more subtle. An extremist
also believes that the party mood leans heavily in one
direction and so is confident that a conference selects
the best policy. This suggests that an extremist is (al-
most) indifferent between the two options. Yet, as the
proof of Proposition 4 shows, she has relatively more
confidence in herself than in the conference.

Our taxonomy of extremists and moderates, al-
though differing somewhat from common usage of
these terms, suggests a conflict within a party orga-
nization concerning the best mechanism for achieving
policy coordination. This conflict coincides with dif-
fering private interpretations of the collective interest,
and emerges despite the lack of inherent divergence of
preferences in our model specification.

FOLLOWING THE LEADER

Having analyzed an individual’s desire to take a leading
role, and following Michels’ (1915, 36) claim that “the
renouncement of the exercise of democratic rights is
voluntary,” we now assess the willingness of others to
follow her lead. A party member /, chosen at random,
makes astand as leader. She gives a perfectly communi-
cated speech s = ny describing her views. Hence, in ad-
dition to their private signals, party members observe
a public signal 5|0 ~ N(0, [1/v¥]). Activist i’s updated
beliefs satisfy

9|(s,mi)~N<s+mi ! )

2 T2y

The expectation is the average of the private and pub-
lic signals; the precision has doubled. Importantly, the
same public signal is used by all activists, and so party
members begin to share a similar perspective.

Once again, activist i supports A if and only if n;; > m
for some threshold m. When he considers the likelihood
of the pivotal events P4 and P, his beliefs will now be
influenced by the public signal.

Lemma 3. Fixing a threshold m used by others, and
conditional on the private signal m; of activist i and the
speech s of the leader, the log relative likelihood of being

pivotal for A versus B satisfies

Pr[P4] N ny — 1}
PI‘[PB] 2

(m,-—i—s )
X 5——m) asn— .

This is increasing in the activist’s private assessment of
the merits of policy A and the leader’s public speech
expressing her views about the fundamentals. It is de-
creasing in the threshold used by others.

log +2(a + B

In the absence of the leader’s intervention a marginal
activist (with a signal m; = m) is unconcerned by the
relative likelihood of pivotal events (Lemma 1). This
is no longer so when a public signal is available. In-
specting Lemma 3, observe that for a marginal ac-
tivist the relative likelihood of the pivotal events
depends upon s — m. This opens the possibility of a
bandwagon in favor of one of the policies. For instance,
a speech in favor of policy A (s > 0) can push activists
toward A (m < 0). This generates positive feedback via
the relative-likelihood effect. To explore whether the
negative feedback from the relative-preference term
(Lemma 2) can slow the bandwagon, we consider the
stability of signal-responsive equilibria.

Proposition 5. Following the observation of the
leader’s speech s, there is a unique signal-responsive
threshold equilibrium in which party members use the

threshold
o R
m’=m TR s.

If R < 1, then this signal-responsive equilibrium is stable.
Hence for R <1, if a leading activist | is able to make a
public speech s = my then the threshold used by others in
a stable equilibrium is precisely her preferred threshold
m' emerging from Proposition 3.

When R <1, a perfectly communicated leadership
speech results in the use of the threshold preferred by
the leader. When she announces her signal, other ac-
tivists know what she knows. As they have all informa-
tion at the leader’s disposal and share her preferences,
they act in the way that she would like them to. The
leader’s original frustration with the conference-based
threshold equilibrium stemmed from a difference of
opinion caused by different signal realizations. Her
speech bridges that difference.

We recall (Proposition 3) that R provides an index
of the desirability of leadership. It also (Proposition 5)
indexes the willingness of a conference to adapt its be-
havior to a leader’s speech. As R increases conference
responds, and more so when the leader’s message is
strong (so that |s| is large). Because conference moves
its threshold in response to her speech, there is a direct
effect of the leader’s intervention on policy. Sugges-
tively put, Michel’s Ratio R indexes the feasibility of a
leader’s influence.

We note that, when R <1, a leader always wishes
to guide conference to her preferred threshold m!. If
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she communicates perfectly, her speech is persuasive;
activists share her assessment and adopt her desired
threshold. If perfect communication is elusive, how-
ever, then the situation is more complex. Suppose that
the leader is unable to explain her views, but is allowed
(if she wishes) to intervene and choose the policy. It
is in this situation (at least for R <1) that only an
extremist with a strong signal of the correct thing to
do would choose to dictate (Proposition 4). No such
difference arises when the leader can explain herself:
she would always do so and hence ensure the use of her
preferred threshold rule. Thus the extremist-moderate
divide arises only when a clear public speech is impos-
sible. This suggests the importance of rhetoric in the
classical sense: a democratic assembly is constrained
by any limits to communication.

Of course, our discussion here has restricted to the
case R < 1. When R > 1, the signal-responsive equilib-
rium threshold m® has strange properties. If activists
were to use this threshold, then they would shift away
from the policy suggested by the leader’s speech. For
R > 1, however, it makes more sense to look toward
the fully coordinated equilibria in which activists ignore
their signals. To see why, consider a fall in the threshold
tom < m°. This increases the relative likelihood term: a
bias toward A is self-reinforcing, putting further down-
ward pressure on m. However, it also lowers the relative
conditional preference for A versus B: because B is
now relatively harder to achieve, activists bias toward
it. When R > 1 positive feedback dominates negative
feedback. This suggests that a bandwagon toward full
coordination can begin to accelerate. (The compari-
son of feedback effects did not work in a conference
environment, because the relative-likelihood term dis-
appeared when we considered a marginal activist with
a signal m; = m.)

Proposition 6. If R>1 then the signal-responsive
equilibrium with threshold m® is unstable. However,
the fully coordinated equilibria in which activists ignore
their signals (either eveyone advocates A or everyone ad-
vocates B) are stable in the following sense: for m <m®,
an activist with a signal m; = m strictly prefers to back
A, and for m> m°® an activist m; = m strictly prefers to
back B.

Using stability as an equilibrium-selection criterion
and when R > 1, Proposition 6 tells us that we must
look toward the two fully coordinated equilibria in
which activists ignore their private assessment of the
party mood. But which of these two equilibria, if any,
will the mass adopt?

Following Proposition 3, a leader is delighted to pro-
vide a focal resolution to this coordination problem be-
cause she wishes to dictate. For instance, a clear and un-
ambiguous announcement that “everyone should back
A” is an obvious focal point. Of course, we are saying
nothing new here; many examples of focal points were
suggested in a range of complete-information coordi-
nation games described in the classic work of Schelling
(1960). However, we can offer a further justification.
Consider the following rhetoric:
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My assessment is s = ny. I would like you to advocate
policy A if and only if your own assessment is higher than
m’. Prior to assessing the policies, you would unanimously
wish to commit to following my recommendation. Now
that you have formed your own private opinions, you have
no reason to deviate from my recommendation. Hence
you should follow my advice. Given that you do, I have no
reason to mislead you.

The leader conveys valid reasons for her recommen-
dation, and it is this feature of her appeal that makes
it focal. In the absence of her informed assessment,
her speech would lack focal properties, despite the fact
that it is commonly understood. The leader is simply
asking others to do what they would wish to commit
themselves to ex ante, and noting that they have no
reason to deviate ex post. Finally, the leader notes that
she has no reason to misrepresent her views. In all, her
request for others to follow her is compelling.

Note that, because activists can calculate the thresh-
old they mutually prefer ex ante based on their common
observation of the leader’s public signal, the leader
need not make an explicit policy recommendation (al-
though she can). Our argument is independent of R
and leads to the following proposition.

Proposition 7. Suppose that an activist stands as
leader and makes a perfectly communicated speech
describing her views and describing a policy choice. If
she does so, then party members ignore their private in-
formation and precisely adopt her recommended policy
if and only if R > 1.

Moving beyond the leader’s rhetoric, when R > 1, there
are further justifications for unification behind the
leader’s preferred policy. Consider a world in which,
prior to the leader’s speech, activists employ the (sta-
ble) threshold m* from Proposition 1. The leader then
speaks, with a speech s >0 in favor of policy A. This
speech will cause an individual party activist to reap-
praise positively the relative likelihood of P4 versus Pg.
Given that others use the threshold m*, he now finds it
optimal to use a lower threshold m < m*. Of course, an
activist might then anticipate that other party members
will follow the same thought process. If he does, then he
now expects them to use a lower threshold than before.
Since R > 1, positive feedback exceeds negative feed-
back; hence he will find it optimal to push down his own
threshold still further. This heuristic “ficticious play”
exercise continues until full coordination on policy A
results.

OLIGARCHY

We now study the emergence of an organized group (a
clique) within the party’s ranks. If activists follow the
lead provided by this clique, then the democratic rule
by conference is replaced by an oligarchy.

We suppose that a clique of k activists join together
and share their views clearly among themselves. They
reach a consensus and develop common beliefs about
the party mood. Thus k is small enough to allow a
mutual understanding to form. Whereas the beliefs of
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an individual have precision v, those of the clique (an
average of their signals) have precision ki, because
they are based on k conditionally independent signals
of .11 Hence, k indexes the sense of direction of the
clique relative to that of an individual. This scenario
is equivalent to one in which a leader is better able to
assess policies than other party members; equivalently
we can think of a leader who canvasses private opin-
ions of party members. By studying the formation of a
clique, we merely provide a microfoundation for such
a sharpened sense of direction.

Following our earlier thought experiment, we ask
whether the k-strong clique wishes to dictate or to de-
fer back to conference. Because the precision of their
shared beliefs is ky rather than v, they have greater
confidence in their ability to do the right thing. The
same logic presented in our analysis of the leader’s
thought experiment applies here. However, the cri-
terion determining the desire for leadership becomes
kR > 1.

Proposition 8. If kR > 1 then a k-strong clique prefers
to dictate policy rather than allow a conference threshold
strategy to operate. If kR < 1, then they prefer others to
use a threshold

. kR

P .
m m 1_kRm

where m* is the equilibrium threshold from Proposi-
tion 1 and where m is the average private signal among
the clique. m* is decreasing in the clique’s shared assess-
ment of the fundamentals; they prefer others to operate
a threshold that is biased toward their shared opinion of
the policies’ relative merits.

Michels’ Ratio R continues to drive the desire to lead
and the comparative-static properties of the clique’s
preferred threshold precisely match those for the case
of a single leader. (In fact, Proposition 3 is a special
case of Proposition 8 for k= 1.) We can also extend
the extremist-moderate taxonomy of Proposition 4 to
a k-strong clique. Recall that this classification arose
when we asked a leader to choose between dictating
policy herself and retaining the equilibrium threshold
m* from the party conference.

Proposition 9. If kR < 1 then a k-strong clique is con-
tent with conference if and only if |m| <m, for some
m> 0. Otherwise, if |m| > i, they would prefer to dic-
tate by choosing the policy themselves. i rises with the
need for direction A but falls with the aggregate height
w4 + g of the barriers to coordination and the sense
of direction . Changing these parameters, in — 0 as
kR — 1.

11 Alternatively, we might specify conditional correlation of the
clique’s signals. For instance, if the clique forms from an impromptu
meeting in the conference bar, then their signals might be based on
similar information sources, and so might be correlated conditional
on the party mood 6. Whereas the average of their signals continues
to provide a sufficient statistic for beliefs about 6, its effective pre-
cision is lower. Thus, when k activists share conditionally correlated
signals, the effective size of the clique is lower than k.

We now turn to consider the feasibility of group-
based leadership. Suppose that the k-strong clique
becomes an elite: a group of activists who are able
to communicate clearly their views to the party mem-
bership. Equivalently, the elite is able to put forward
a single representative who can perfectly express their
views s = /1 by a speech to conference. Following this
speech, activist i’s updated beliefs will satisfy

ks + my; 1 )
k+1 " (k+1Dy )"

He pays more attention to the views of the elite than to
his own signal. His perspective is shared by others, en-
hancing the positive-feedback effect. Unsurprisingly,
positive feedback exceeds negative feedback if and
only kR > 1, and this criterion is central to our final
proposition which extends Propositions 5-7.

9|(S,mi)”N<

Proposition 10. Following a speech by a k-strong elite,
there is a unique signal-responsive equilibrium in which
party members use a threshold m*. If kR < 1, then this
equilibrium is stable. If kR > 1, then it is unstable, but the
fully coordinated equilibria are stable in the sense used in
Proposition 6. Activists following the advice of the elite
will always play a stable equilibrium. They ignore their
private information (they defer to a de facto oligarchy)
if and only if kR > 1. Hence 1/R is the minimum size
of a successful Michelsian oligarchy. This size increases
with the need for direction A, but decreases with the
height w4 + wp of the barriers to coordination and the
sense of direction .

The first element concerns a stable signal-responsive
e%uilibrium when kR < 1. The equilibrium threshold
m* is that preferred by the elite. The party follows the
elite’s advice, because this is how they would play if
they could commit ex ante. The elite shapes policy, but
conference remains sovereign.!? The second element
concerns the case kR > 1 when a signal-responsive equi-
librium is no longer stable and the elite would ideally
like to see full coordination behind their chosen pol-
icy. The third element describes the emergence of an
oligarchy. As it was under the leadership of an indi-
vidual, the advice of the elite is compelling. Prior to
the realization of their signals, but after listening to the
elite, activists would unanimously wish to follow the
elite’s advice. They perfectly coordinate and the elite
becomes a de facto oligarchy.

Finally, Proposition 10 reveals that the desirability
and feasibility of leadership, by either an individual
or an elite, is intrinsically linked by R. The inverse of
Michels’ Ratio provides a lower bound to the size of an
oligarchy. The precision of the elite’s aggregate signal
of the party mood is increasing in k. An activist mass
gives way to the elite only when this precision is suf-
ficiently high. Adopting a more general interpretation

12 When k> 1 the elite has a better sense of direction than an indi-
vidual. However, our results also apply when k<1. Letting k — 0
the criterion kR <1 is satisfied and the elite’s preferred threshold
converges to m*. Hence the equilibrium-selection argument that jus-
tifies the focus on an elite’s preferred threshold equilibrium can also
be applied to the threshold in a conference environment.
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of the parameter k, an elite becomes an oligarchy so
long as its sense direction is sufficiently sharp.

DISCUSSION

Although k>1/R turns an elite into an oligarchy, fur-
therincreases in kenhance the quality of the oligarchy’s
leadership. Given that this is so, will the oligarchy
grow without bound and incorporate the entire party
membership? As it does so, it will begin to reflect the
aggregation properties of the general conference. The
problem that arises is one of communication: when the
elite’s membership is large it will find it more difficult
to aggregate successfully its views and communicate
a coherent and easily understood message to a wider
audience. This places an upper bound on the feasible
size of a Michelsian oligarchy.

This discussion relates to a further institutional pos-
sibility. Suppose that a leader mediates by privately
canvassing opinion among the membership. How many
opinions should she solicit? Ideally, she would incorpo-
rate all views. Alas, the constraints on communication
will prevent her from aggregating and articulating such
a large and diverse range of views. Nevertheless, our
results provide a lower bound on the number of ac-
tivists she would need to caucus if she is to successfully
coordinate the activist mass: the lower bound is 1/R,
just as it is for the Michelsian oligarchy.

We have already noted that the communication
could be enhanced if a mediator were to call for a
party vote. This, however, brings back the original co-
ordination problem: if the vote is close, then the public
see a divided party. Certainly, it is a stylized fact that
divided parties tend not to achieve electoral success.
Why might this be? We tentantively suggest two rea-
sons. First, close calls are more likely to arise when
each activist’s sense of direction is limited, and so the
quality of the party’s assessments is low. Second, out-
siders erroneously attribute the split to fundamental
differences in the values of the party’s membership.

In our introductory remarks we mentioned an al-
ternative interpretation of our game: the coordination
problem faced by instrumental voters in plurality-rule
elections. Beyond the New York case (Table 1), there
are many examples: in the United Kingdom’s General
Election of 1997 many left-leaning voters wished to
coordinate in order to oust the incumbent Conserva-
tive administration. In such scenarios a strategic voter
switches away from his preferred candidate and toward
a better-placed alternative (Fisher 2004). This defini-
tion does not fit neatly within our model, since our
activists share common preferences but are unsure of
them; they must use their signals and envisage pivotal
events in order to work out what they like.

This feature (common but unknown preferences)
distinguishes our model from the theory of strategic
voting developed by Myatt (2007). In his theory, vot-
ers share a dislike of a third candidate but differ in
their preferences over the two challengers. The voters
know what they like, and so face a genuine trade-off
between their preferences over candidates and the rel-
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ative likelihood of influencing the different possible
pivotal events. We believe that his specification pro-
vides a better insight into the coordination problem
faced by voters, whereas our common-value game is
better suited to the analysis of the dynamics of leader-
ship. Furthermore, whereas our model could be used
to depict a strategic-voting scenario, it is less clear that
leadership can provide a resolution to the voters’ coor-
dination problem. In the voting scenario, we can think
of a leader’s speech as a publicly announced signal
of the candidates’ strengths. When the public signal is
good enough, there is perfect coordination with only
two candidates receiving votes (one conservative and
one liberal in the New York case) as predicted by the
psychological effect of Duverger’s Law. Of course, for
this to work the leader must share the common objec-
tives of the coordinating voters and must not be moti-
vated by other concerns. Such commonality of interest
seems rather less plausible in a world with heteroge-
neous preferences; hence our preferred focus is the
coordination of party activists.

Nevertheless, there are common elements to these
papers. In Myatt’s (2007) paper a public coordination
device is not a leader but rather a commonly observed
opinion poll. He shows that voters fully coordinate (so
that only two candidates receive votes) if and only
if this opinion poll is sufficiently precise relative to
the privately observed information of voters. We find,
therefore, that both Michels’ Iron Law of Oligarchy, on
which we have focused here, and Duverger’s Law, can
be linked via the same kind of criterion; it is the preci-
sion of public versus private information that leads to
coordination in both cases.

TOWARD A THEORY OF LEADERSHIP

Leadership was central to Levi’s (2006, 5) “desire to un-
derstand what makes for good governments and how to
build them.” In our view a leader’s assessment of poli-
cies’ relative merits provides a coordinating focal point.
Our analysis thus adds to the literature on the role
of institutions in helping coordination (Calvert 1995;
Myerson 2004; Weingast 1997). We note, however, a
subtle feature of our approach: leadership is important
not only because it provides a common understanding
of play but also because it provides payoff-relevant
information. Of course, there are other means of pro-
viding such information: we have compared leadership
to a more democratic information source, namely a
stylized party conference.

In assessing these institutional forms we were in-
spired by Michels (1915). His conceptualization of
two mutually incompatible types of internal gover-
nance motivated our formal analysis. We have provided
micro-foundations for his claim that a “need for lead-
ership” exists in mass psychology:

Though it grumbles occasionally, the majority is really de-
lighted to find persons who will take the trouble to look
after its affairs. In the mass, and even in the organized mass
of the labor parties, there is an immense need for direction
and guidance. (Michels, 1915, 38)
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In our world, the need for direction, barriers to coor-
dination, and an activist’s sense of direction combine
to give a single measure (Michels’ Ratio) of leader-
ship. It indexes not only the willingness of activists to
modify their behavior in the light of a leader’s speech,
but also their willingness to abandon the conference
forum altogether and follow a leader’s prescription;
it is a complete index of the feasibility of leadership.
Moreover, the desirability of leadership is determined
by the same combination of variables.

Echoing Michels’ claim, the need for leadership is
felt when barriers to coordination are high (so that the
coordination problem is severe) and when a leader’s
sense of direction is sharp (so that she knows what to
do). In contrast, our “need for direction” works in favor
of a party conference: although leadership enhances
the clarity of intra-party communication and so avoids
the penalty of mis-coordination, it lessens the response
of policy to the underlying fundamentals. Our analysis
thus contributes to an understanding of the trade-off
between the responsiveness of policy outcomes and
concentration of power in the form of dictatorship or
oligarchy, central to the formal analysis of social-choice
mechanisms.

Our conceptualization of leaders differs from pre-
vious formal studies which cast leaders in the role of
agents under the control of a legislative body (Fiorina
and Shepsle 1989). In those studies, a leader possesses
skills necessary to the achievement of collective goals;
the gap in expertise between leaders and followers
underlies a common-agency problem. An interesting
feature of our analysis is that neither the desirabil-
ity nor the feasibility of leadership depend critically
upon the skill set of a leader. Nevertheless, our frame-
work can further illuminate this issue. For example,
the establishment of an oligarchy allows members of
an elite to pool their information; this, in turn, allows
an oligarchy to convey more precise information. Of
course, individuals differ in their ability to evaluate
information and convey messages. An extension of our
model would allow for an exploration of this and other
individual traits.

Our analysis of the coordination problem faced by
activists is devoid of factional conflict: activists share
common values but differ in their informed opinions of
the path the party should take. We have captured a key
element of intraparty division; that which pertains not
to core values, but how best to achieve goals related to
those values. Uncertainty over how to achieve goals un-
derpins any division. Even in our common value game,
a degree of factionalism may, nevertheless, emerge:
those with neutral signals are more likely to place their
trust in the sovereignty of conference, whereas those
with extreme signals (pointing strongly in favor of a
policy option) are willing to abandon conference as a
central democratic institution.

The absence of any conflict of interest in our model
helps a leader to communicate meaningful informa-
tion. Our results suggest, however, that the clarity of a
leader’s communication is also important. Conference,
acting as a central democratic institution, can (in aggre-
gate) correctly assess the merits of policy, but as a mech-

anism for communication its performance is poor. A
leader, by contrast, can convey only her private assess-
ment of the party mood, but is able to do so with clarity.
Moreover, the ability of a leader to convey clearly her
message is relevant to institutional choice. For exam-
ple, when a leader has a moderate signal then, faced
with a choice, she would always wish to guide confer-
ence toward the use of her preferred threshold rather
than to dictate; her willingness and ability to do so
depends on her ability to communicate perfectly. Our
focus on communication thus contributes to a broader
understanding of different forms of governance, such
as democracy and oligarchy, which until now have
been studied formally only under the guise of commit-
ment problems with regard to economic redistribution
(Acemoglu and Robinson 2000, 2001). Finally, and per-
haps most importantly, our results suggest a formal
analysis of the role of rhetoric in effective leadership.
Our next step (Dewan and Myatt 2007) pursues this
line of enquiry.

TECHNICAL APPENDIX

Here we develop a formal model which encompasses the
three scenarios (conference, leadership, and oligarchy) con-
sidered in the text, and provide proofs of Lemmas 1-3 and
Propositions 1-10.

Beliefs. Activist i updates a diffuse prior over 6 follow-
ing his observation of signals m; |6 ~ N(0,1/v) and s |6 ~
N(6,1/[k¢]). (k=0 is a conference, k=1 is a leader, and
k> 1isa k-strong elite.) Conditional on 6, signals are indepen-
dent. Updating to form a posterior G(6|s, m;) with density
g(01s. m),

ks-}—mi 1
k+1 7 (k+1)y

=q><\/m [G_k/i:rﬂ) (1)

where ®(-) is the distribution function of the standard nor-
mal. Now suppose that other activists employ a thresh-
old strategy. Conditional on 6, an activist backs A with
probability p where p = ®( /(0 — m)). Writing F(p | s, m;)
and f (p|s, m;) for the distribution and density of beliefs
about p,

9|(m,-,s)~N< ):>G(9|s,m,-)

g(e ‘ S, mi)
VI x (@71 (p))’

>"'(p)
T

and where ¢(-) is the density of the standard normal.

fls,m) = % x g(0]s, m;) =

where 6 =m+

)

Pivotal Probabilities. Fixing activist i and abusing notation
slightly, write x € {0, 1, ..., n — 1} for the number of others
who advocate A. Conditional on 6, party members back
A with probability p; hence x is a draw from the bino-
mial with parameters p and n — 1. However, p is uncertain

and activist i must take expectations to form Prx|s, m;] =
fol (" p*(1 = p)'=*f (p |'s, m;) dp. Activist i is pivotal for
the success of A if and only if x < pn <x + 1. We write xﬁ
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for the unique value of x that satisfies these inequalities, and
note that [x4/n] — p as n — 0. Clearly,

Pr[Pa4 s, m;]

1 n—1 XA n—1—xA
= [ ("L )t a—pr w1 myap.

This probability vanishes as n— oo but, applying
Proposition 1 of Chamberlain and Rothschild (1981),
nx Pr[Py|s,m;] — f(pals,m;) and n x Pr[Pg|s, mj] —>
f(pgls, m)) as n — oo. This (in essence) is the Law of Large
Numbers: when # is large, the proportion supporting policy
converges in probability to p. Pivotal probabilities are de-
termined by beliefs about p via the density f (p | s, m;). The
probability of being pivotal vanishes with 1/n. However, an
activist cares about the relative likelihood of P4 and Pg:

|:10 Pr[Py s, mi]]

P8 18 By [, m]
= tog T 2100 =g {25 1ot S g
Ry
R ®

The first equality follows from Chamberlain and Rothschild
(1981); the second from Equation (2); the third from substi-
tution of 74 and 7wz and the symmetry of the normal which
ensures that ¢() = ¢(—mp) and -~ (1 — pp) = " '(pp);
and the fourth from substitution into the standard nor-
mal density ¢(z) « exp(—z?/2). The notation 6, and 6y is
from the text: 4 = m+ [ (pa)/&] = m+ [w4/+/¥] and
0p =m+ [®7 ' (pp)//¥] = m— [/ /¥]; the second equal-
ity again exploits from the symmetry of the normal. Taking
the posterior beliefs of activist i from Equation (1) and eval-
uating at 6,4, we obtain

8l0a15.m) =k 1y (/(k+ Dy [GA—k;iiT ])

2
o W3]

. (k+ 1)y s ks+m 7
- P ‘T[’“ﬁ‘ k+1}
= exp (—k;1|:1// <m—

+2\/%A<m—ks+m")+ni,}>, @

ks + m; 2
k+1

k+1

where for the second step we have applied the formula for the
density of the normal, and we have omitted the multiplica-
tive constant that will be shared with the density g(05 | s, m;).
The final two equalities follow from substitution of 64 and
algebraic manipulation. Similarly,

1 2\
g(0p|s, m;) o exp <—k;{w (m— ks—|—m)

k+1

2an3<mkii;}1i)+ﬂ%})- ®
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Combining the expressions from Equations (4) and (5), we
obtain

g(9A|Ssmi)
logg(93|svmi)
% — 14 ks +m;
= et D i) (S - )] @

Substituting Equation (6) into Equation (3) we obtain

lim [log DrPals. 7]
oo gPr[PBIS,mi]

k[ — 4]

= 5 2 e ) Gt

ks +m; m
k+1

(7)

Conditional Preference. Here we study payoffs conditional
on the events P4 and Ps. In a large party, the proportion
of activists supporting policy A converges in probability to p.
Hence P4 occursif and onlyif p &~ p 4, 0r equivalently 0 ~ 6.
So,asn — 00, E[ua(0) | Pa] = ua(64) = exp(184/2). Hence,

lim log Elua(®) 1 Pal 1o us(0a) _ (04 +0p)

n—co = E[up(0) | Ps] up(6p) 2
T4 — TR
=Xr|m+ . 8
B~ ®
Proof of Lemmas 1-3. Apply Equations (7) and (8). O

Optimal Advocacy. We now consider the decision of an ac-
tivist given that the party is large.

. Pr[P4] E[ua(6) | P4l
M |:log PrPsl 8 Efun(0) 7:3]}
Kl — 2 k i
= M + (k+ 1)\ (7 +7TB)( 21;’1 —m)
from Equation (7)
Tp —TTR
+A [m+ N :|
from Equation (8)
. [Kg — 7a)(7wa + 7B) V&
_ [ o +(k+1)
V(s + ) (ks +m A~ Mg
x : (k+1 —m)—f—m—l— 20 ]

:AR[m,«+ks+(k—%)m*—(kﬂ—%)m] )

The second equality follows from rearrangement. The third
equality follows from the substitution of Michels’ Ratio R and
m* from Proposition 1 and further manipulation. Observe
that the final expression is increasing in m;; hence any optimal
best reply (in a large party) is a threshold rule. Furthermore,
when an activist’s signal is equal to the threshold used by
others:

_ . P[Pyl | Elua(9)|Pul
m=m = nlLHOlO [lOg Pr[Ps] *log E[ug(6) | PB]:|

ol (- Yo -m] an
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which is increasing in m if and only if kR < 1. For a threshold
equilibrium, this needs to be zero:

ks (k- ) o -] -

[ Rk

When a public signal is absent (k = 0) then the equilibrium
threshold is m* from the statement of Proposition 1. If a
public signal is in favor of policy A (that is, when s > 0) then
the equilibrium threshold is pushed down so long as Rk < 1.
The extent of this effect is increasing in R and k.

Proof of Propositions 1 and 2. Apply Equations (10) and (11)
with k= 0.

Choosing a Threshold. U(m, m;) = ffgo up(0)g(0|my) do +
feio u(0)g(0 | my) do. Evaluating at m; = m and recalling that

04 and 6g are linearly increasing in m, differentiate to obtain

%] = up(0p)g(6p) — ua(64)g(64) <0

1A (64) 804 | my)
up(0p) °8 g(6s | my) ”

r[Pa | my] E[u4(6) | P4l }
[Ps | my] E[ug(9) | Ps]

< log

<= lim [log r

n—o0o

2 2
Tp — TTa

T

>0,

where the final equivalence is from (3). The criterion is (1)
from the text. The sum of the first two terms (it is the same
as (9) setting m; = my and k = 0) is strictly decreasing in m
if R> 1 and strictly increasing if R < 1. Thus (for the generic
case R # 1) a unique m! satisfies 8U/dm = 0. This must be a
local minimum (and global minimum, since there is only one
stationary point) if R > 1, and so U(m, m;) is maximized by
choosing either m — oo or m — —oo. If R < 1, then m! yields
a global maximum. Explicitly,

U

=0 ® (7 + 78)V/ Y (my —
from Equation (7) with k= 0
2 2
Ty — TR T — T4
A|mt =0
+ [m—i— N ]—f— >
from Equation (8)
p_ms—ma (matmp)Srm
S m = —
2V A= (A + )
R
—mt— | —— |m, 12
" [1—R]ml (12)

where the solution for m' follows from simple algebraic ma-
nipulation.

Proof of Proposition 3. Apply Equation (12). |

Extremists and Moderates. If z ~ N(u, %) then for real-
valued constants band H > L,

H -
/ exp(bz) do (u)
L o
2.2
= exp <bu + b%)

[ o (]

We can use (13) to calculate a leader’s expected payoff. Sup-
pose that she believes 8 ~ N(i1, 0?). Write Uy = E[u,(6)] and
Ug[up(9)] for her payoffs when she dictates the adoption of
policies A and B, respectively. For Uy we set b = A/2, and for
Up we set b = —)/2. Hence

A )\2 2
Uy = exp <—M + i) and

A 22o?
Up = exp <_7M + %) = exp(—Au) x Uy. (14)

U, > Up if and only if u > 0: a leader implements A if and
only if she expects the underlying state of the world to favor
it. Next, consider her payoff when others use a threshold m.
Policy A wins if 0 > 6,4, policy B wins if 6 < 6. So, writing Z[-]
for the indicator function and applying (13),

A0
U=E |:exp (—7) x I[6 < 93]]
+E [exp (%0) x Z[0 > QA]]
:U3x¢<93_“+x—6>
o 2
+UAx[1—<I><0A_“—'\—U>}
o 2
g —un Ao
- +7)

= Uy x [exp(—ku) x @ (

-0 A
+<1><“ A+—G>],
o 2

where the final equality stems from Uz = exp(—Au) x Uy
and from the symmetry of the normal. Now, suppose that the
leader observes a signal m; with precision ky so that 0| ny ~
N(my, [1/kyr]). Without loss of generality, we set m; > 0, so
that Uy, > Up. Now, setting u = my and o? = 1/ky,

Ue _ = exp(—imy) x ® (F(QB —my) +

Ua 2WWky )

‘o (@(m, 0,) + (15)

)
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If others adopt a threshold m* then 04 = (74 + 75)/2+/4 and
0p = —(mwa + 7p)/2+/%. Hence
U
o = exp(=am) x ®(X — Vhkym) + S(X +Vkjm)
A
k(l—kR)_ A _\/%(JTA-FJTB)
2Vky 2Vkyr 2 '

where X =

(16)

Proof of Proposition 4. Consider a leader with a signal m; > 0.
(The case my; <0 is symmetric.) If she were to dictate then
she would implement policy A and enjoy a payoff of Uy.
By deferring to the equilibrium threshold of conference she
enjoys a payoff Uc. She strictly prefers conference if

% > 1 & exp(—iny) x ®(X — Vkym)
A

> 1— ®(X + Viym)

(D(X— «/@m;)
1 — &(X + Vkymy)

< Y(my) =log |: :| — amy > 0,

where k = 1 for a single leader. At m; = 0 (a neutral signal)
this criterion becomes

Uc @(X)
&£20X)>1 & X=>0.

This last inequality holds if and only if kR < 1. Since Y{(m) is
continuous in my there is some region of signals close to zero
for which the leader strictly prefers to follow conference.
In fact, there is a unique 772 such that (for positive signals)
Y(my) > 0 if and only if my < . The proof follows from the
claim that Y{(my) is strictly decreasing in »y; with a derivative
that is bounded away from zero. To prove this, write

_ 1— o(Vhkjrm - X) |
Y(my) = log |:1 (i —|—X)i| Ay,

Next differentiate to obtain
Y'(my)

_ iy o(Vkym +X)
1= o(Vikjm +X) 1 —d(Vkim — X)

= VIiy[h(Vkyrm; + X) — h(~kjrmy — X)] — &,

where h(z) = ¢(z)/[1 — ®(2)] is the hazard rate of the stan-
dard normal. Applying the mean-value theorem, there is

some z satisfying ~/kyny + X > z> /kyym; — X such that
Y'(my) =2vVky XW' (z2) — 2 = A(1 — kR)W (2) — A,
where the second equality follows from the definition of
X in (16). Now, the hazard A(z) of the standard normal is
an increasing and convex function of its argument, and is
asymptotically linear, so that 4(z) — z — 0 as z — oo; hence

W (z) <1 for all z. Hence, for kR <1,

Y'(my) <21 —kR) — A = —21kR < 0.
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¢(vkym; — X) }_A

Thus Y(my) is strictly decreasing in », and the derivative is
bounded away from zero. Hence Y(r) < 0 for my sufficiently
large, and there is a unique 71 such that Y(#) = 0. d

Proof of Propositions 5 and 6. Apply Equations (10) and (11)
with k= 1. O

Proof of Propostion 7. From the argument given in the main
text. ]

Proof of Proposition 8. With an average signal of m, a k-
strong clique’s beliefs about the 6 are, modifying (1) appropri-
ately, captured by the density g(8 | /i) = vkyr (v ki (6 — 7))
where ¢(-) is the density of the standard normal. Following
derivations analogous to those leading up to (6),

3]

The clique’s expected payoff U(m, /) is locally decreasing in
m (so that they favor a shift toward policy A) if and only if
g(64 | M)ua(64) > g(0p | m)up(6p), or, upon substitution,

g(0a | M) ua(0a)
g(0p | ) up(6p)
)
- k[”B > TA L S (ra + ms) (i — m)]
from Equation (17)
+,\[m+”*;:/$} > 0. as)

from Equation (8)

The left-hand side of this inequality is strictly decreasing in
m (implying that U(m, m) is quasi-convex in m) if and only if
kR > 1. So, if kR > 1, the clique prefers to dictate policy. For
kR < 1, setting the expression in (18) to zero and solving for
myields mt. O

Proof of Proposition 9. For general k, the proof of Proposi-
tion 4 applies. d

Proof of Propostion 10.The first and second claims follow
Equations (10) and (11). The remaining claims follow by
inspection or from the arguments given in the main text. [
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